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A. KIEN THUC TRONG TAM.
I. PHAN PAI SO.

Vén dé 1. Ménh dé va ménh dé chira bién
® Meénh d&

@ Meénh d phu dinh

® Meénh dé kéo theo:

® Meénh d& dao

® Meénh d twong duong:

® Meénh dé chia bién:

@ Kihiéu V va 3:

Van dé 2. Tap hop

® Tap hop

@ Tap hop con — Tap hop bang nhau

® Mot sb tap hop con cua tap hop sé thuc R
@ Cac phép toan tap hop

Vin dé 3. Pai cwong vé ham so6
® Tim tap xac dinh ctia ham s
@ Chiéu bién thién cua ham sé:
® Tinh chan 1é caa ham s6

@ Do thi cua ham sb

Van dé 4. Ham s6 bac nhat, ham s6 y = |X| ,ham s6 bac 2.
® Tim tap xac dinh ctia ham s

@ Chiéu bién thién caa ham so:

® P thi ciia ham sé

Vin dé 5. Phwong trinh va h¢ phwong trinh

Khai niém phwong trinh mot an

Phuong trinh twong duong

O]
@
® Phuong trinh h¢ qua

@ Phuong trinh bac nhat 1 an. Phuong trinh bac hai 1 an
® Mot s6 phuong trinh quy vé bac nhét, bac hai

®

Hé phuong trinh bac nhat nhiéu an. Hé phuong trinh béac hai hai an s6



I1. PHAN HINH HOQC.

Vén dé 1. Khai niém véc to

® Binh nghia.

@ Hai vecto cung phuong, cung hudng .

® Hai vecto bang nhau.

Vin dé 2. Tong cia hai vecto ,Hiéu ciia hai vecto

@® DPinh nghTa .

@Tinh chat

® Quy tic ba diém : Vi ba diém A, B, C tlly y ta luén c6 AB + BC = AC.

@ Quy tic hinh binh hanh : OABC 13 hinh binh hanh = 0A + OC = OB.

® Tinh chét trung diém :M 14 trung diém doan AB = MA + MB =0 .

® Tinh chét trong tdm tam giac : G 1a trong tdm cua tam giac ABC = GA + GB + GC = 0.
@ Vecto dbi cia mot vecto

Quy tic vé& hiéu vecto: Vi ba diém M, N, O tiy y thi ta cd: MN = ON — OM

Vin dé 3. Phép nhan vecto véi mot sd

@ binh nghia

@ Tinh chat

® I 14 trung diém doan AB « MA + MB = 2MI, V&i moi diém M.

@ Néu G la trong tam tam giac ABC thi véi moi diém M talubncé:  MA + MB + MC = 3MG.
® Piéu kién dé hai vecto cing phuong :b cing phuong a (a = 0) < 3Ke R: b=ka.

® Ba diém phan biét A, B, C thing hang < 3k € R: AB = kAC.

@ Biéu thi mot vecto qua hai vecto khong ciing phuong

Vén dé 4. Hé truc toa d

-

) a= x; .z ., y -
® Cho hai vec to |- Y va s6 thuc k. Khi do: /
b= xty!
— a+b=x+xy+y' Vaa-b= x—x'y—y' kg
- j 1
— ka = kx;ky o> 4 X
- T x = kx'
— a cung phuong vl b b=0 < JFkeR: !
y =Ky
- - x=x'
— a=b<s \
y=y

M x;y < OM=xi+7v.j=OH+O0K Véihaidiém A X,;y, Va B x,y, taco:
AB = X, —X,5¥5 — Y,

X, +X
w = A B

. . 4. R N . , 3 . 2 , A TN I
@Voi hai diém A x,;y, va B x,;y, , khi do trung diém | cua doan thang AB c0 toa d¢ la: 2
Yy T ¥
Ty



®Cho badiém A x,:y, , B x,;y, V& C x.;y. . Khido trong tdm G cua AABC c0 toa do la

:XA+XB+X0

¢ 3
YAtV e
Yo =T 3

Vin dé 5. Gia tri lwong giac cia 1 goc ,Tich vé hudng.
@ Céc cong thuic luong giac thuong gap.

@ Gia tri luong giac cua 1 goc

® Goc gitra hai vecto

-

a

—

b

- -

@ Dinh nghia tich vo hudng cua hai vecto : ab = .cos a, b .

® Tinh chit cta tich v6 hudng :
® Biéu thire toa do cua tich vo hudng

-

Trong mit phang Oxy, cho a= (x;y) va b= (x"y"). Khido:
(1) ab = s+ vy';

(2) [a| =Vx* +¥*;

- = ! ! - RPN —
(3) cos (a,b) = XX Yy a=0,b=0 :
\/XZ +y2 \/X|2+y|2

(4) Khoang cach giita hai diém M x_;y,, va N xy, :

a

MN = ‘I\T\T‘ = Yo — X (v~ v )

(5) ;J_l_;<:>xx'+yy':0.

B. BAlI TAP TU LUAN.

Bai 1: Tim TXD cua cac ham sb:

1++x+1 +1 1-2x . Nx+2

= b) y= -~ h)y="3 ) y="" 3
x=2 X" =5x+6 x°=5x I-x

Bai 2: Xét tinh chin 1é cta cac ham sb:

a)y=

Nx+2++42-x

a)y=x—4x?+5 b) y=6x3—x C)y =2 +x? d)y= 3
X

Bai 3: Lap bang bién thién va vé do thi cac ham sd:
Q) (P):y=—x>+2x-2 b) (P):y=—x*+4x-3 c) (P):y=2x>—5x+3.
Bai 4: Xac dinh ham s6 bac hai théa man diéu kién.
a) Cho (P): y=ax® +bx+c Tima, b, ¢ biét (P) di qua diém A(1; 2) va c6 dinh I(-1:-2) .
b) Tim ham s6 y=ax? + by —3 bit dd thi c6 toa do dinh Ia 1(%;-5) .
¢) Tim ham 8§ y =ax® +bx +¢ biét dd thi di qua ba diém A(-3;7), B(4;-3), C(2;3);
d) Xac dinh (P): y =ax®> —2x+¢ biét (P) cit Oy tai diém c6 tung d6 bang —1 va dat GTNN béng _?4 .

Bai 5: Cho ham s6: y=-3x>+2x+1 (P)
a) Lap bang bién thién va v& d6 thi (P) cia ham sb da cho.



b) Tir d6 thi (P), im X dé : y>0; y<0; y<—4 n

¢) Dung db thi (P) bién luan theo m s6 nghiém phuong trinh: —3x +2x=m

d) Tir d6 thi (P) suy ra do thj ham sé: y = \3x2 —2x— 1\ va y=-3x"+2x|+1
Bai 6: Giai cac phuong trinh

a) ‘2x2—5x+4‘=2x—1 b) 357 +x—4[x+2|+8=0 €) V2+3x—x2 =3x—4
d) (x=3)(x+2)-2Vx2 —x4+4+10=0 &) V2x+1-+x-3=2 f) 233x -2 +3/6-5x =8
) V4x+3+42x+1=6x+V8x> +10x+3 —16 h) Vx—2 —x+2 =24/x* -4 -2x+2

) 2x° —6x—1=+4x+5 P xt=x"+3x+5-24x+2=0 K) (x+1)\/x2—2x+3 =x"+1
) VP +12+5=3x+4x>+5 m) x*+3x° +4x+2=(3x+2)/3x+1

Bai 7: Cho c4c phuong trinh sau:  x* —2mx+m? —2m+1=0 (1) mx> —=2m+Dx+m-5=0 (2)
a) Tim m dé phuong trinh c6 nghiém kép. Tinh nghiém kép do.
b) Tim m dé PT c6 hai nghiém trai ddu; ciing diu; ciing dwong; cting am.
¢) Tim m dé PT c6 hai nghiém x1, X2 thoa i+i =l(x1 +x2).
X ox, 2
Bai 8: Cho phuong trinh x* —2(m+1)x+m* —1=0. Tim m dé phuong trinh co:
a) Hai nghiém duong b) C6 nghiém thudc (1;+w) .
Bai 9: Cho ba diém A(-1;1), B(5;-2), C(2; 7).
a) Ching minh ba diém A, B, C la ba dinh cua mot tam giac.
b) Tim toa d diém D sao cho ABCD la hinh binh hanh.
¢) Tim toa do diém I sao cho IA—2IB—IC =0. ’ ’
d) Tim toa d¢ trong tam, tryc tdm, tam dudng tron ngoai ti€p, ndi tiép tam giac ABC.
e) Tinh chu vi va dién tich tam giéc ABC.
f) Tinh cosin cac goc tam tam glac ABC.
g) M eAC sao cho AM = xAC. Tim x dé ba diém I, K, M thing hang.
Bai 10. Cho tam gidc ABC biét AB =2; AC = 3; goc A bang 120°.
a) Tinh do dai BC b) Tinh AB.AC ¢) Tinh d¢ dai trung tuyén AM ciia AABC.

C. PE ON THAM KHAO.
I. PHAN TRAC NGHIEM (7P)

Cau 1. Trong cac cau sau, cau nao la ménh dé chua bién?
A. x% + x =0. B.2+1=3.
C. 15 1a s6 nguyén tb. D. 8 chia hét cho 3.

Cau 2.Cho X = {7; 2;8,4, 9;12} Y = {1; 3 7;4} . Tap nio sau day bang tip X MY ?
A. {2,8,9;12}. B. {47}. C. {1,2:3,4,8,9;7;12}. D. {13}.

2

Cau 3. Cho hamsé: y = %L Trong cac diém sau day diém nao thudc do thi cua ham sb ?
X5 —4x+

M, (2; 3). B. M, (0; -1). C. Ma(%; ‘?1} D. M, (% 1).



Cau 4. Cho ham sé y =3x* —4x* +3. Trong c4c ménh d¢ sau, ménh dé nao ding?
A. Ham sb da cho 1a ham sé chan.
B. Ham sé da cho 1a ham s 1&.
C. Ham sé da cho 1a ham sb khong c6 tinh chin Ié.
D. Ham s6 da cho 1a ham s6 vira chan vira lé.

Cau 5. Db thi caa ham sé y = —g +2 12 hinh nao?

y y A

0 4 X —4 0 X

A B
Ay AY
4 . 4 >
0 X 0 4
-2
~—1-2
C. . D. ™
Cau 6. Choham sy = az + b (a = 0). Ménh dé nao sau day 1a ding?
A. Ham sb dong bién khi ¢ > 0. B. Ham s6 dong bién khi ¢ < 0.
C. Ham s dong bién khi = > b D. Ham s6 ddng bién khi z < b
a a

Cau 7. Ham s nao sau day 1a ham s6 bac hai

A y=-—x+1. B.y=2z2"'+2"—1.
C.y=2"+1. D.y=3.

Cau 8. Chohamsé y = f (x)=—x*+4x+2. Ménh d nao sau day la ding?
A. y gidm trén (2;+00). B. y giam trén (—0;2).
C. y tang trén (2;+oo)_ D. y tang trén (—00;+OO).

Cau 9. Toa do dinh cua parabol y=-3x*+6x—1 1a

A. |(—2; —25). B. I(—l; —10). C. I(l; 2). D. |(2; —1).
Cau 10. biéu kién xac dinh ctia phuong trinh%+\/x2 -1=0 la
X
A. x>0. B. x>0 va x*-1>0.
C. x>0. D. x>0 va x*-1>0.

Cau 11. biéu kién xac dinh ctia phuong trinh v/2x—1=4x+1 la:

a[dw) wfbe) effw) o)

Cau 12. Tap nghiém cua phuong trinh X+ /X =X -1 I



A S=0. B. S={-1}. C. S={0}. D.S=R.

Cau 13. Phuong trinh X2 =3x tuong duong véi phuong trinh:

A X2 +X—2 =3x+~/X-2. B. x2+i3=3x+i.

X — X—3
C.x’\x—3=3x/x-3. D. xX*+ x> +1=3x+Vx*+1.
Cau 14. x=2langhiém cta phuong trinh nao sau day?
A. Xx+/x-3=2++/x-3. B. x*-3x—4=0.
3x—-2 x+1
C. =21
X-2 x-1

Cau 15. Khi giai phuong trinhv/x* =5 =2-x (1), mat hoc sinh tién hanh theo cic budc sau:

D. Vx-2=+2-x.

Budc 1: Binh phuong hai vé ciia phuong trinh (1) ta dugc:
X’ -5=(2-x%)* (2)
Budc 2: Khai trién va rat gon (2) ta dugc: 4X=9.

Budc 3: (2)<:>X=%

Vay phuong trinh c6 mot nghi¢m la: X =—.

Cach giai trén dang hay sai? Néu sai thi sai & budc nao?

A. Duing. B. Sai ¢ budcel.
C. Sai ¢ bude 2. D. Sai ¢ budce 3.
A . e . 3 3X
Céau 16. Tap nghiém ctua phuong trinh 2X+ ——=——-1Ia:
x-1 x-1
3 3
A S=:L>". B. S={1}. C.S=:=t. D.S=0.
2 2
Cau 17. Tap nghiém cta phuong trinh V4x-1=2 la:
A.S:{l;g}. B. S={1}. g5={%}. D.S=0.

Cau 18. Phuong trinh|ax +b| = |cx + d|twong dwong véi phuong trinh :
A. ax+b=cx+d
B. ax+b=—(cx+d)
C. ax+b=cx+d hay ax+b=—(cx+d)

D. Jax+b =+/cx+d
Cau 19. Phuong trinh sau c6 bao nhiéu nghiém vX-1=+1-x?
A. 0. B. v0 s. C.1. D. 2.
2X+3y =5
4x+6y =10
A. 0. B. 1. C.2. D. V6 sb.

Cau 20. Hé phuong trinh sau c6 bao nhiéu nghiém (X; y) : {



2x+y=4
Cau 21. Hé phuong trinh : {X+2Z =1+ 2+/2 ¢6 nghiém 1a?

y+z:2+J§
A. (1;2;2&) B. (2;0;&) C. (—J;G;JE). D. (1;2;&).
. . . . 4dr —2y =8
Cau 22. Goi z,y, langhi¢mcuah¢ . Gia tri cua biéu thirc A = 3
20 +y=—4

A. 6. B. 4. C. -12. D. -2.

z, -% bang:

Cau 23. Hé phuong trinh nao sau day c6 nghiém la(1;1;-1) ?
X+y+z=1 -X+2y+2=0
A S X-2y+z2=-2 . X— y+32—
3X+y+5z2=-1
X=3
C.ix—-y+z=-2, D.{
X+y-7z=0

4Xx+y=3
X+2y=7"

Cau 24. Hai véc-to duoc goi la bang nhau khi va chi khi:
A. Gia ctia chiing tring nhau va d6 dai cta chiing bang nhau.
B. Chung tring v6i mot trong cac cip canh dbi ciia mot hinh binh hanh.
C. Chung tring v&i mot trong cic cap canh ctia mot tam giac déu.
D. Chiing ciing hudng va d6 dai ctia chung bang nhau.

Cau 25. Cho hinh vudng ABCD c6 canh bang a . Khi d6 ‘ﬁer‘ bang:

A av2. B.#. C. 2a. D. a.

Cau 26. Trong mit phang OXy , cho A(X,;Ya), B(Xg; ¥s): C(Xe; Ve ) . Toa dd trong tam G cua tam giac
ABC la:

G(XA+XB+Xc.yA+yB+ycj G(XA—XB—XC.yA—yB—ycj
A 3 3 . 3 3

G(XA+XB+XC Yat+Ys+Ye
b 2 2

o GO+ Xe +XciYa+Ye +Yc)

Cau 27. Trong mit phang toa &6 Oxy, cho A(—2;3), B(O;—l). Khi do, toa 36 BA 1a

A BA=(2 -4). B.BA=(-24).  C.BA=(42). D. BA=(-2; -4).
Cau 28. Trong cac gia tri sau, sina c6 thé nhan gia tri nao?
A. -0,7. B & C. 2. D 5

3 T2



Cau 29. Cho hinh vudng ABCD . G6c (Ac, AB)béng
A. 90°. B. 45°. C. 30°. D. 180°.

Cau 30. Cho 2 vec to a=(a,;a, ), b=(b;b,), tim biéu thirc sai:

A.ab=ah +a,bh,. B.5.5=‘5‘.‘5‘.cos(5,5).
Cab=Za’+bi~(a+b) | D.ab—| (a+b) ~a’-b* .
2 2
Cau 31. Cho 2 vec to a=(a,;a,),b=(b;b, ), tim biéu thirc dung
A.ab=ahb +a,b,. B. ab=a.a,+bb,.
C.ab=ahb —a,b,. D.ab=./a?+al.\JbZ +bZ.

Cau 32. Cho 2 vec to a=(a;a, ), tim biéu thirc dung
A ‘é‘zw/af—aj. B. ‘5‘:af+a22.
C. |a|=\/a7 +a; . D. [a|=/a%.a;

Cau 33. Cho 2 vec to a=(a,;a,), b=(b;b, ), tim biéu thirc dung

A.ab=ab -ah,. B. 5.5=‘5‘.‘5‘.cos(a )

C.é.B:E[ 24b? - (a+b) } D.. ab= Z‘a‘ ‘b‘ cos(é B)
Cau 34. Cho a=(L-2), b=(-L-3). Tinh (a,b).

A.(5,6)=1200. B. ( B) 135°. g.(a,6)=45°. D.(5,6)=90°.
Cau 35. Trong mat phing Oxy, cho a=(2;-1) va b=(-3;4). Khing dinh no sau day la sai?

A.Tich v6 huéng caa hai vecto d cho 1a —10. B.D 16n cia vecto a 1a J5.
C.bo 16n caa vecto b 13 5. D.GAc gitra hai vecto 1a 90°.

Il. PHAN TU LUAN (3D)

Cau 1. Tim tat ca c4c gia tri cia m sao cho d6 thi ham s6 y =(m+1)x* +2x+3m—2cét do thi ham s6
y = X° +2mx + 4 tai dang hai diém phan biét c6 hoanh d lan luot 1a X, X, thoa man x, +2x,=1.

Cau 2. Giai phuong trinh v2x—3 = x+1

Cau 3. Trong mit phang Oxy, cho ba diém A(3;6), B(x;—2), C(2;y). Tim gié tri xdé OA vudng goc véi
AB.
CAu 4. Hai chiéc tau thuy cung xut phat tir mot vi tri 4, di thang theo hai hudng tao v6i nhau goc 60° . Tau

B chay voi tbc d6 20 km/h. Tau ¢ chay véi tdc do 15 km/ h . Hoi sau hai 10, hai tau cadch nhau bao nhiéu
km?.



